ABSTRACT. Let A and B be unital Banach algebras and let M be a unital Banach A, have studied the weak amenability of triangular Banach algebra T = A M B and showed that T is weakly amenable if and only if the corner algebras A and B are weakly amenable. When A is a Banach algebra and A and B are Banach A-module with compatible actions, and M is a commutative left Banach A-A-module and right Banach A-B-module, we show that A and B are weakly A-module amenable if and only if triangular Banach algebra T is weakly T-module amenable, where Amini in [1] developed the concept of module amenability for a class of Banach algebras which is in fact a generalization of the Johnson's amenability. For example for every inverse semigroup S with subsemigroup E of idempotents, he showed that the 1 (E)-module amenability of 1 (S) is equivalent to amenability of S. Duncan and Namioka in [4] for E-unitary semigroup S have shown that 1 (S) is not amenable, whenever E = E S , the set of idempotent elements in S, is finite. For the general case of this result see [3, Chapter 10] But there are many amenable inverse semigroups including the bicyclic semigroup and Clifford semigroups with an infinite set of idempotents. Amini and Bagha in [2] introduced the concept of weak module amenability and showed that if S is commutative, 1 (S) is always weak 1 (E)-module amenable. Note that in the group case Johnson [7] showed that a group G is amenable if and only if L 1 (G) is amenable and in [8] he showed that L 1 (G) is always weakly amenable.
WEAK MODULE AMENABILITY OF TRIANGULAR BANACH ALGEBRAS
Abdolrasoul Pourabbas -Ebrahim Nasrabadi Amini in [1] developed the concept of module amenability for a class of Banach algebras which is in fact a generalization of the Johnson's amenability. For example for every inverse semigroup S with subsemigroup E of idempotents, he showed that the 1 (E)-module amenability of 1 (S) is equivalent to amenability of S. Duncan and Namioka in [4] for E-unitary semigroup S have shown that 1 (S) is not amenable, whenever E = E S , the set of idempotent elements in S, is finite. For the general case of this result see [3, Chapter 10] But there are many amenable inverse semigroups including the bicyclic semigroup and Clifford semigroups with an infinite set of idempotents. Amini and Bagha in [2] introduced the concept of weak module amenability and showed that if S is commutative, 1 (S) is always weak 1 (E)-module amenable. Note that in the group case Johnson [7] showed that a group G is amenable if and only if L 1 (G) is amenable and in [8] he showed that L 1 (G) is always weakly amenable.
On the other hand, Forrest and Marcoux in [6] have studied the weak amenability of triangular Banach algebra
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They showed that the weak amenability of T is equivalent with the weak amenability of the corner algebras A and B.
In this paper we shall be concerned with the structure of the first module cohomology group of triangular Banach algebra T with coefficients in the its dual space T * . We begin by recalling some terminology.
Let A and A be Banach algebras such that A is a Banach A-module with compatible actions, that is,
If A and B are Banach algebras and Banach A-modules with compatible actions, an A-module map is a mapping T : A → B with
Note that T is not necessarily linear, so it is not necessarily an A-module homomorphism.
Let X be a Banach A-module and a Banach A-module with compatible actions, that is, for every
and the same for the right or two-sided actions. Then we say that X is a Banach
If X is a (commutative) Banach A-A-module, then so is X * , where the actions of A and A on X * are defined by
and the same for the other side actions. In particular if A is a commutative Banach A-module, then it is a commutative Banach A-A-module. In this case, the dual space A * is also a commutative Banach A-A-module.
Although D is not necessarily linear, but still its boundedness implies its norm continuity (since D preserves subtraction).
When X is a commutative Banach
which is called inner A-module derivation.
We use the notation Z 
Ò Ø ÓÒ 1º
The Banach algebra A is called A-module amenable if for any 
Module derivation on triangular Banach algebras
Let A be a Banach algebra. We define
The triangular Banach algebra T with the usual 2×2 matrix product is a Banach T-module. Furthermore since A is a commutative Banach A-A-module, B is a commutative Banach A-B-module and M is commutative Banach A-A-module and commutative Banach A-B-module, therefore T is a commutative Banach T-T -module.
where 
therefore ωD(t) = D(ωt) for every ω ∈ T and t ∈ T , with the same calculation we can show that D(t)ω = D(tω).
So D is a T-module map.
Ä ÑÑ 1.2º Supose that A and B are commutative A-modules, D
, 
t)](t ) = D AB (t)(t ω)
= D A (a) 0 D B (b) a α m α b α = D A (a)(a α) + D B (b)(b α) = αD A (a)(a ) + αD B (b)(b ) = D A (αa)(a ) + D B (αb)(b ) = D A (αa) 0 D B (αb)= D A (aa ) 0 D B (bb ) a m b = aD A (a ) + D A (a)a 0 bD B (b ) + D B (b)b a m b = [aD A (a ) + D A (a)a ](a ) + [bD B (b ) + D B (b)b ](b ) = D A (a )(a a) + D B (b )(b b) + D A (a)(a a ) + D B (b)(b b ) = D A (a ) 0 D B (b ) a a a m + m b b b + D A (a) 0 D B (b) a a a m + m b b b = D AB (t )(t t) + D AB (t)(t t ) = [tD AB (t ) + D AB (t)t ](t ),D AB (t)(t ) = D A (a) 0 D B (b) a m b = D A (a)(a ) + D B (b)(b ) = ad f (a)(a ) + ad h (b)(b ) = [af − fa](a ) + [bh − hb](b ) = [f (a a) + h(b b)] − [f (aa ) + h(bb )] = f 0 h a a a m + m b b b − f 0 h aa am + mb bb = f 0 h a m b a m b − f 0 h a m b a m b = (tψ − ψt)(t ) = ad ψ (t)(t ), where ψ = f 0 h ∈ T * . So D AB is an inner T-module derivation.
Weak module amenability of triangular Banach algebras
In this section, we shall assume that A, A and B be Banach algebras such that A is a commutative Banach A-A-module and B is a commutative Banach A-B-module with compatible actions and assume that M is a Banach A, B-module. Forrest and Marcoux in [6] have studied the weak amenability of triangular Banach algebra T . They showed that the weak amenability of T is equivalent with the weak amenability of the corner algebras A and B. In this section we wish to identify the weak T-module amenability of triangular Banach algebra T .
Ì ÓÖ Ñ 2.1º Let A and B be unital Banach algebras and M be a unital
Banach A, B-module as above. Then
Consider the map
We claim that Γ is linear, to prove our claim we first show that 
and clearly Γ(
). This shows that Γ is surjective. 
